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Abstract

This paper compares and analyzes the consistency proofs for first-
order arithmetic in various formulations, in light of Gentzen’s original
goal. First, Natural deduction and Sequent calculus systems are com-
pared, and proofs of Normalization theorem and Cut-elimination the-
orem are outlined. Next, Gentzen’s consistency proofs for first-order
arithmetic, subsequent works on the consistency proofs for first-order
arithmetic (by normalization) after Gentzen, and works on infinite
proof systems are introduced. Then, focusing on the compatibility of
“naturalness” and “technical advantage” of proof systems, this paper
focuses on the consistency proof in Troelstra and Schwichtenberg [16].
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